We present the quarkonia correlators for charmonium and bottomonium systems in the pseudoscalar, vector and scalar channels. For the description of quark-antiquark interaction we adopt the temperature dependant colour screening potential of the power law form. The spectroscopic parameters defined from the model are employed in the spectral functions to compute the quarkonia correlators. We find considerable medium modifications to the effective masses of the quarkonia as well as in the behaviour of the respective radial wave functions. These modifications are then reflected in the computed correlators. The general behaviour of correlators in the vector and scalar channel are in accordance with the latest lattice results while their behaviour in the pseudoscalar channels are found to be different.
I. INTRODUCTION
The behaviour of heavy quarkonium states (charmonium and bottomonium) in a hot and dense medium have attracted considerable experimental and theoretical interest. Heavy quarkonia play an important role in studying hot and dense strongly interacting matter. Study of the properties of heavy quarkonia above deconfinement temperature is of extreme interest for current Relativistic heavy ion collider (RHIC) experiments [1, 2] . The topics of interest in these studies include survival probabilities as bound state at some temperature in quark gluon plasma and in medium transport properties of heavy and light quarks. Because of larger quark mass the heavy quarkonia can survive and remain in bound state above the deconfinement temperature T c . The binding energy analysis has become important for such studies based on either potential models [3] or by Lattice methods [4] [5] [6] . The lattice results of quarkonia correlator studies predicts existence of 1S charmonium states upto 1.6T c and of 1P states (χ c0 and χ c1 ) states upto 1.1T c . The present results on bottomonium study predicts existance of 1S states (η b and Υ) upto temperatures 2.3T c and for 1P states (χ b ) upto 1.15T c . Which are in contradiction with the earlier potential model calculations which predict dissolution of charmonium states below 1.1T c [7, 8] . With the large number of excited charmonia and bottomonia states known our earlier understanding based on potential models have been reviewed recently [3] and systematic variations in the confinement strength has been introduced to explain the observed quarkonia spectra. Such a modification to the string tension of the confining part of the potential then be understood in terms of the medium effects. Based on such an attempt, here we extend our earlier works on the spectroscopy and decay properties of quarkonia using coulomb plus power law potential (CP P ν ) model to a systematic study based on the * arpitspu@yahoo.co.in † azadpatel2003@yahoo.co.in ‡ pothodivinod@yahoo.com quarkonia correlators for charm and bottom quark systems. To incorporate the medium effects on the binding energy of quarkonia we generalize the usual coulomb plus power law (CP P ν ) form of the potential with a medium dependant exponential screening factor which reduces to the coulomb plus power law form in the absence of the medium effect. In section II we discuss the method to compute spectral functions and correlators. The spin average mass and the wave function dependant decay constants are derived in section III. Finally, we discuss and summarize our results for quarkonia correlators against different choices of power exponent ν in section V.
II. EUCLIDEAN CORRELATORS AND SPECTRAL FUNCTIONS
The temperature dependence of the meson correlators can provide information about the fate of quarkonia states above deconfinement. The imaginary time Euclidean correlation functions of meson currents G(τ, T ) are reliably calculated on the lattice
Where, σ(ω, T ) is the zero temperature spectral function and K(τ, ω, T ) is the kernel of integration and can be written as,
In lattice QCD calculation the spectral function σ(ω) can be extracted out from the information of correlators using the maximum entropy method [9] . While, the potential models employ the spectral function to extract out the quarkonia correlators. Following ref [10] the spectral function can be written as,
The first term arises from the pole contributions from the bound states, and the second term is the perturbative continuum above some threshold s 0 . Here, we consider the form of f (ω, s 0 ) motivated by leading order perturbative calculations with massive quarks as [3] ,
The calculated coefficients of a H and b H at leading order by [11] are shown in Table I . The value of threshold energy s 0 is somewhat arbitrary for single flavour heavy quark only. Here, s 0 is chosen such that no resonance above it is possible. The remaining parameters M i and wave function dependant decay constants F i are deduced from the potential model adopted for the present study. To see the temperature effect on the spectral function and to compare with the lattice QCD results one usually computes the ratio of this correlators to the reconstructred one G(τ, T )/G recon (τ, T ), where G recon (τ, T ) is given by,
Here, G recon (τ, T ) corresponds to the spectral function at the zero temperature. The temperature dependance in the G recon (τ, T ) comes only from the kernel of the integration. The spin average mass and decay constants appeared in the expression of the spectral function (Eqn. 3) are deduced using an appropriate model description of the hadronic state. Here, for the description of the quarkonia states we consider temperature dependant screened potential of the form,
Here, α and σ are the coupling constant and string tension respectively. The exponent, ν is the variation that we have introduced here to account for the nonlinear dependance on the interquark distance of the potential. Different choices of the exponent, ν describes Here, the screening potential attains finite value at infinite separation i.e. V (r = ∞, T ). Hence, each quark has an additional thermal energy of V ∞ /2 in the bound state. The minimum energy above which the quarkantiquark pair can freely propagate is 2m + V ∞ . Hence, the minimum energy threshold can be defined in this case as s 0 = 2m + V ∞ . The potential V ∞ for different temperature is shown in Fig. 1 for different potential exponent. Similarly, the pole mass m i corresponds to m i = m + V ∞ /2 against T /T c for different potential exponent ν are shown in Fig. 2 for bottomonium and charmonium states. V ∞ found to be decreasing with increase in temperature above T c . Similar observation is observed on lattice calculations while calculating quark and gluon propagators in coulomb gauge [12] . In the absence of the medium effect (at zero temperature) the potential in Eqn. 6 reduces to the form
The parameters α, σ and the quark masses are fixed by fitting the zero temperature quarkonium spectrum as in [13, 14] . The parameters employed are given by α = 0.471, σ = 0.192 GeV ν+1 , m c = 1.32 GeV and m b = 4.746 GeV by fitting the zero temperature quarkonia spectrum. The spin average masses and the wave functions are obtained by solving the schroedinger equation numerically using the screened potential of Eqn. 6 as quark-antiquark interaction potential at a given temperature.
In the relativistic quark model, the decay constant can be expressed through the meson wave function Φ P/V (p) in the momentum space [15] ,
with λ P = −1 and λ V = −1/3. In the nonrelativistic limit p 2 m 2 << 1.0, this expression reduces to the well known relation between f P/V and the ground state wave function at the origin R P/V (0) through the Van-RoyenWeisskopf formula [16] . Though most of the models predict the meson mass spectrum successfully, there exist wide range of predictions of their decay constants. For example, the ratio fP fV was predicted to be > 1 in most of the nonrelativistic cases, as m P < m V and their wave function at the origin assumed to be the same [17] . The ratio computed in the relativistic models [18] have predicted fP fV < 1, particularly in the QQ sector, but fP fV > 1 in the heavy-light flavour sector. This disparity on the predictions of the decay constants play decisive role in the decay properties of these mesons. The value of the radial wave function (R P ) for 0 −+ and (R V ) for 1 −− states would be different due to their spin dependent hyperfine interaction. The spin hyperfine interaction of the heavy flavour mesons are small and this can cause a small shift in the value of the wave function at the origin. Though, many models neglect this difference between (R P ) and (R V ), we consider this correction by making an ansatz that the R P/V (0) are related to the value of the radial wave function at the origin, R n (0) according to the same way their masses are related. Thus, by considering
and following the fact that any c-number, a, commutes with the Hamiltonian, i.e. aHΨ = H(aΨ), we express [19] ,
Here (SF ) P = − are the spin factor corresponding to the pseudoscalar (J = 0) spin coupling and vector (J = 1) spin coupling respectively. M n,CW and R n (0) are spin average mass and the normalized spin independent wave function at the origin of the meson state respectively. It can easily be seen that this expression given by Eqn 10 is consistent with the relation
given by [19, 20] for nS states. By incorporating first order QCD correction to the Van Royen-Weiskopff formula, the decay constant is computed as [21, 22] , where, the first order QCD correction,C(α s ) is expressed for the QQ system as
Here δ V = 
IV. TEMPERATURE AND THE EXPONENT (ν) DEPENDANCE ON THE CORRELATORS
The temperature dependant energy eigen values (E i )and the wave functions are obtained by solving the schrodinger equation numerically [24] . The spin average mass (M sa ) is given by M sa = 2m i + E i . Once M sa is obtained, then the mass of the quarkonia state is computed using Eqn. 9. For computing the mass difference between different spin degenerate mesonic states, we consider the spin dependent part of the usual one gluon exchange potential (OGEP) given by [25] [26] [27] [28] [29] . Accordingly, the spin-dependent part, V SD (r) contains three types of interaction terms, such as the spin-spin, the spin-orbit and the tensor part as
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The spin average masses (M sa ) for both charmonium and bottomonium states are tabulated in Table II . The quarkonia masses for both charmonium and bottomonium states are shown in Table III and IV respectively. Similarly the ℓ th derivative of the radial wave function at zero separation for charmonium and bottomonium states are shown in Table V and VI respectively. The choices of the potential exponent ν = 1.1 for charmonium state and ν = 0.7 for bottomonium state correspond to the minimum of the standard deviation in the mass (SD min ) in zero temperature potential as observed in our previous study [13] as shown in Fig. 3 . The temperature dependant masses of the quarkonia states in terms of their zero temperature masses (M i (T )/M i (0)) are computed for T > T c and for different choices of the potential exponent, ν are shown in Fig. 4 , similarly the ratio for the wavefunction is shown in Fig. 5 . The ratio in mass for the P-state is found to be larger compare to the Sstate quarkonia states. The ratio in the wave function decreases with increasing tempearature for all quarkonium states. Finally, the decay constants are computed with help of Eqn. 12. Our computed Spin average masses (M sa ) and the decay constants (f p/v ) corresponding to the choises of ν = 1.1 in the charmonia and ν = 0.7 in the case of bottomonia are then employed to predict the spectral functions given in Eqn. 3. We have also computed spectral function for the choices ν = 1.0 in both the cases for the purpose of comparison with cornel like interactions considered by others [3, 30] . Further the euclidean correlators are computed using Eqn. 1. The present ratio G/G recon are i (0) for χ b0 state also found to decrease much faster than η b and Υ states. These observations are same for both ν = 1.0 and ν = 0.7 except their magnitudes are higher. The correlators at the different T /T c obtained are found to have a similar behaviour with increase in τ . In the case of charmonia state, correlators attain maxima at different values of τ and it shilfts towards lower τ as T /T c increases. While in the case of η b and Υ bottomonia the maxima of the correlators are found to shift slightly towards higher τ . Whereas, the behaviour in the case of χ b0 belongs to that of charmonia states. To make this boservation more clear we plot the values of τ at the maximum correlator (tau max ) against T /T c in Fig. 12 for both the case of bb and cc. It is very striking to see that values of τ at which G/G recon is maximum (τ max ) is same for η c , J/ψ, χ c0 and χ b0 states with a chosen T /T c , and τ max decreases with T /T c . This behaviour is shown graphically in Fig. 12 Here we also shown the behaviour of τ max vs T /T c in the case of η b and Υ system. It seems that both the curves leading towards a common saturated value beyond T /T c > 2.0. Our results do not show any major deviation with the potential exponent ν. However, from Fig. 8 (b) , we find G/G recon at T /T c = 1.1 of χ c0 decreases from 1.0 as τ increases while similar case in Fig. 8 (a) for ν = 1.0 seems to increase from 1.0 as τ increases. From Fig. 10 and Fig. 9 we also notice that G/G recon in η b and Υ decreases below 1.0 relatively at lower τ values compared to all other states studied here. The τ dependance of the correlators are found to be sensitive to the choices of the continuum threshold s 0 . As seen from Fig. 6 our obtained G/G recon shows agreement with the early potential model [3] but differs from the lattice results [6] where G/G recon remains to unity upto τ ≈ 0.05 f m then it starts gradually falling. Our results shows same trend to QCD sum rule results [30] at T = 1.1T c . Fig. 7 represents G/G recon for vector charmonium states (J/ψ). For smaller values of τ our results agrees with the lattice [6] and also with the QCD sum rules [30] . Though the present G/G recon in the case of η c increases from 1.0, the results based on fine isotropic lattice study shows decreases from 1.0 for all temepratures. However the general behaviour of all other states are in accordance with the lattice results [4, 6] . As, the η c and J/ψ corresponds to same 1S state, one do not expect their correlators to behave differently. Fig. 8 represents G/G recon for scalar channel of 1P charmonium state (χ c0 ). Here, also our results agrees with lattice [6] and QCD sum rules [30] . Similarly, Figs. 9, 10 and 11 represent our results for 1S pseudoscalar (η b ), 1S vector (Υ) and 1P scalar (χ b0 ) bottomonium states respectively. Our results agrees with earlier potential model [3] but contradicts with lattice results [5] . The lattice results for η b case shows unity behaviour for temperature upto 2.30T c . The weaker dependance of the correlators on temperature was assumed as the melting of the states, but melting of state cannot be exctracted from the correlators [32] . Similar to the charmonium case, our results for η b and Υ shows the same behaviour as expected (because they belong to same 1S state of bottomonium system).
Variation in G/G recon from unity represents dissolution of the quarkonium states into medium at higher temperature above T c . Though, the lattice results for bottomonium states need to reexamined as the cutoff energy remains below the energy relevant to bottomonium systems [3] . τ for maximum occurance of G/G recon , τ max represents the temperature for the maximum correlation of the quarkonia states. In our study, τ max found to be exponentially decreasing with the temperature in the case of quarkonia states (except for bb (1S) case) . The values of G/G recon below 1 corresponds to value of G to be lower than G recon . This means the survival probability of the state to be lower than in the zero mode case or dissociation of the quarkonium state. Considering the time for G/G recon = 1 related with the temperature T as, τ = 1/T we predict the dissociation temperature of η c , J/ψ and χ c0 to be around 1.2T c while η b and Υ states can survive upto 3.0T c .
